Abstract. It is shown that the product of finitely many sequential, CLP-compact spaces is CLPcompact.
Notation 0.1. If (X 1 , τ 1 ) and (X 2 , τ 2 ) are topological spaces then τ 1 ⊗ τ 2 will denote the product topology on X 1 × X 2 -in other words, τ 1 ⊗ τ 2 is generated by the base {A × B | (A, B) ∈ τ 1 × τ 2 }.
Recall that a topological space is said to be sequential if any subset A of it is closed if and only if it contains the limit of every convergent sequence from A.
Theorem 0.1. If (X 1 , σ 1 ) and (X 2 , σ 2 ) are zero-dimensional, compact, topological spaces and τ 1 ⊇ σ 1 and τ 2 ⊇ σ 2 are finer topologies on X 1 and X 2 such that
clp . To see that A * ∈ τ 1 suppose not and use the hypothesis that (X 1 , τ 1 ) is sequential to choose a sequence
In other words, U xn = A for each n yet U x = A. By restricting to a subsequence it is possible to assume that one of the following holds:
Research for this paper was partially supported by NSERC of Canada. for each k. Since (X 2 , σ 2 ) is compact it is possible to choose z ∈ ∞ k=0 D k . The fact that z / ∈ A = U x implies that (x, z) / ∈ U . However, the choice of z guarantees that there is an increasing sequence {k i } ∞ i=0 such that z ∈ U x k i \ A and, hence, (x k i , z) ∈ U for each i ∈ N. But lim i→∞ x k i = x and so lim i→∞ (x k i , z) = (x, z) / ∈ U contradicting that U is τ 1 ⊗ τ 2 -closed. Hence it may be assumed that D k is not τ 2 -closed for some integer k.
and observe that (x, z) ∈ E. To see this let V 1 × V 2 be a neighbourhood of (x, z). Choose m such that
If Case 0.2 holds a similar argument can be applied to deal with the case that
The same argument as in the first case can now be applied.
Hence for each x ∈ X 1 the set (U x ) * is in τ
clp .
Corollary 0.1. The product of a finite number of sequential, CLP-compact spaces is CLP-compact.
be sequential, CLP-compact spaces. Proceed by induction on n, the case n = 1 being trivial. If n > 1 then apply the induction hypothesis to get that n i=2 (X i , τ i ) is CLP-compact, but perhaps not sequential. However, (X 1 , τ 1 ) is both CLP-compact and sequential and so Theorem 0.1 can be aqpplied to (X 1 , τ 1 ) and 
